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21. H mapdywyog kdBe oTaBeprig cuvdpTnong gival undév ae kaBe onpueio Tou TTediou opIGUOU TNG.
22. H évvola TNG CUVEXEIOG PIOG CUVAPTNONG aVAPEPETAl HOVO OE GnuEia Tou Trediou opIGuoU TNG.

23. H mapdywyog Tng f oTo X ekppddel To pubuod PeTABOANG Tou y=f(X) WG TTPOG X, 6TAV X = Xo.
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ZYNAPTHZEIX
H mmapdywyog Tng f oTo X exppddel To pubuoO PETABOARG ToU y = f (X) WG TTPOG X , BTAV X = Xg
MNa TNV Tapdywyo piag cUvBeTng cuvdpTtnang IoxUel (f(g(x))) =f"(g9(x))-g"(x)
Av pia cuvdpTtnon f gival Tapaywyiciun ot éva didaTnua A kai ioxUel f* (x)>0 yia kdBe
£0WTEPIKG OnuEio Tou A, T6Te N f eival yvnoiwg altfouca oTo A.

Av ol cuvapTAcelg f, g €Xouv oTo Xg Opla TTPAyHATIKOUG apiBuoUGg, TOTE

1im (/) 2()) = lim /() lim g ()

H 1ax0tnTa €vog KivnToU TToU KiveiTal euBUypappa Kal n Béon Tou oTov dfova
Kivnong Tou gkppdleTtal amd Tn cuvdpTtnon x=f(t), Tn XPoVIKA oTIyun to eival
u(to)=f"(to)

Mia cuvdpTtnon f AéyeTal yvnoiwg @Bivouca oe éva didoTnua A Tou ediou

opigpoU TNG, 6TAV yia oTToladATIOTE ONUEia X1, X2€A HE X1<X2 loxUel f(x1)<f(x2)
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lim f(x)=(

Av yia Tn cuvdpTtnon f loxuel Yo , 6TTOU 4 TTPAYMATIKOG apIBudg, TOTE IGXUE

lim (xf(x))=x(
T ¥ , Y K&Be TrpaypaTiké K
Av ol cuvapTAoelg f, g €xouv Koivé TTedio opicpoU To A, TOTE n cuvdpTNON é £xel TTAvTa Tedio

opicyou 1o A

Av yia TIg ouvapTraeig f Kal g 1ox0el 611 limf(x) =, kKai limg(x) =(,, éou {4, &> R 1éTE 10K VeI

lim(f(x)g(x))=(,-(,.
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10.

1.

12.

O ouvteAeoTAg dieBUVONG TNG EQATITOUEVNG TNG KAUTTUANG TTOU €ival n ypagIkh TTapdoTtacn

HIag auvdpTnong f oTo onueio TNG (Xo, f(Xo)) €ival '(Xo).

Av n cuvdpTnon f éxel oTo x0 6plo évav TTpayuatikd apiBué (, dnAadh av /im = ( 16TE yia
X%,

KAOe QUOIKS apIBUo v peyaAuTepo Tou 1 Ba ioxUel [im (f(x))v =y
XX,

XapakTnpIioTIKé YVWPICHA MIaG cuveXoUg ouvdapTnong o€ £va KAeloTé didoTnua gival 6Ti n

YPOQIKA TNG TTApAoTACH €ival hId GUVEXAG KAUTTUAN.
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AV 1 cuvdpTnon f £xel GTo Xo GpIo évav TTPAYMATIKG apiBud |, dnAadr av

lim f(x) ="/, lim (f(x)) ="
X=X %o (V BETIKOS AKEPAIOG).

, TOTE
Av pia cuvdpTtnon f gival TTapaywyioiun ot éva didatnua A kai 1oxUel f(x) < 0 yia KdBe

£0wTEPIKG onueio Tou A, 1é1e N f gival yvnoiwg adgouca oto A.

Av yia pia cuvdptnon f ioxtouv f'(x0)=0 yia X € (a, B), f'(x)>0 oTo (a, Xo) kai f'(x)<0 oT0
(X0,B),76Te N f TTApoucidlel oTo SidoTnua (a, B) yia X= Xg €AdYIOTO.
Av yia pia cuvdptnon f 1oxuouv f'(x0)=0 yia xpe(a, B) kai f* diatnpei Tpdonuo ekaTépwBev

TOU Xo, TOTE N f €ival yvnoiwg povotovn ato (a, B) kai dev TTapouaiddel akpodTaTo oTo (a, B).
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20.

Mia cuvdpTnon f e TTedio opiopol To A Aéue 6T TTapouaoiddel ToTkG péyioTo oTo X1 € A,

f(x)>1(x,)

étav yia KGBg x o€ pia TTepIoxn Tou X1.

Av pia cuvdpTtnon f eival TTapaywyioiun ot éva didatnua A kai 1oxUel f'(x)>0 yia kdbe
£0wTEPIKG onueio Tou A, 1é1e N f gival yvnoiwg adgouca oto A.

Mia cuvdptnon f pe medio opiopoU To A, Aépe 6Tl TTapouciddel TOTTIKO HEYIOTO OTO Xo €A, 6TaV
f(x)=< f(xo) yIa KGBE X G€ HIa TTEPIOXH TOU Xg.

‘Eotw f, g TpaypaTikég cuvapTAaoeig pe Tedio opiopouU To IR. ,TTou eival TTapaywyicipeg o€

KABe onpeio Tou TTediou opiopoU Toug. Tote IoxUel: [f (g(x)) 1" = f (g(x)) 9(X) yia kaBe X EIR..




